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5. FENIKA ETTANAAHTITIKA OEMATA

1. Eotw a kai p dUo diavlopara e H = 2 Kal ‘E‘ = 4. Edv n ywvia Twv
diavuopdTtwy autwyv eival auPAcia kar n e€iowon ‘xa + E‘ = 23 éxel
OI1TAR pila va uttoAoyiaBei To HETPo Tou d1avuopaTog 2a + 35.

2. Aivetai tpivwvo ABI kai onpcio O Tou £mimédou Tou TPIYWVOU, yid TO

o8B

0Troio 1aXUEI OTI

5A‘ -

6[" =1 kai 6A+ 6B+ 6[' = 6

a) Na umoAoyio8¢i nh ywvia ou oxnuariouv Ta diavuopara 5A kar OB.
B) Na dci1xB¢ei 611 To Tpiywvo ABI cival 106TTAgUpo.

3. Aivetai tpivwvo ABI pe A_)B‘ =4, A_)F =6, M 10 péoo Tng mAecupdg Bl

Kail n ywvia petall Twy diavuopdtwy AB kai Al ion pe %

a) Na ppeBei To yéTpo Tou diaviopaTog A_M.
B) Na Pppebei To péTpo TNG TMPOPOARG Tou diaviopaTog AﬁB Tdvw OTo
didavuoua A_M.

4. Aivovrai Ta diaviopara a-= 2, 1) kai ﬁ = (1, - 1). Na ppeBe¢i diavuoua
; ouveTiTedo Twv OIAVUCUATWY 3 Kai B ylda T0 omoio IgxUouv Td
akoAouBa : i) ; 1 3, ii) Zxnuariler auPAcia ywvia pe To didvuoua B Kdl
i) M - ‘Z‘

5. Aivovtar Ta onpeia M(x, y) Tou emmédou yia Ta omoia I1oXUel OTI

5 12
‘OM = 3 + 2y (6mou O n apxh Twv aovwv).

a) Na ppebei 0 YeWHETPIKOC TOTTOC TWV ohpeiwv M.
p) Aivovrai Ta onueia A(0, -1) kai B(O, 3). Na umoAoyioBsei n Tigf TG

2 512

+ BM| .

-

AM

Tapdoracng P=

v) Aiverai To onpeio M(-3, 5). Na deix6¢i 611 3 < M <5.

6. Aivovrai o1 opdkevTpol KUKAol €1 ¢ (x —2)° +(y—3)° =4 kai C; :

(x —2)* + (y — 3)*> = 9. Edv via ta onueia M ka1 N Twv 300 KUKAwv
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, T 2w , . ,
avTtioToixa 1axUel 6T (KM, KN) = 3 émou K To Koivé KévTpo, TOTE :

a) Na ppeBei n TIgA Tou X € R WoTe KM L Y HEY = xKM + KN.

BP) Na ppebei n ywvia Twv diavuopdTwy 3,m He 3 = 3KM + 2KN kai K

TO KOIVO KEVTPO.
7. Aivetar To didvuopa u = (5,7) kai To v = (X, y) He x, y OeTikoi
aképaiol. Edv g OeTIKOC aképalog TETOI0C WATe To UTTOAoITTO ThE didipeang

Twv 94, 311 pe autdév va eivar 1 kai uv = gva Ppedei 10 v oTav

A=
v o2

8. Z& opBokavovikd alUoTnua ouvteTaypévwyv Oxy divovrar Ta onueia
A(2, -a-4) kai B(a+1, a®-1), a=-1.
a) Na deixBei 611 via KdOe aképaia TIpA Tou a# -1 Ta onpeia O, A, B
opiCouv Tpiywvo.
B) Na dc1xBei 611 To eppadov Tou Tpiywvou OAB cival aképaiog apiOpocg.
v) Na e€eTaoBei edv umtdpxel aképaia TIUA TOU @ yid Thv 0TToid To Tpiywvo
AOB civai opBoywvio ato O.
9. Aiveral Tpivwvo ABI pe kopugéc Ta onpcia A(2, 6), B(O, 0) kai I'(5, B).
a) Na ppeBei To ouPPETPIKO A’ TNC KOPUPAC A WC TPo¢ Thv TTAgupd BI.
B) Na ppebei n e€iowon Tou KUKAOU e KEVTPO To ohpeio A' o oToiog
€PATITETAI TNG TTAEUPAC AT .
v) Na ppeBsein npoba-B—A.
10. Eotw n ypappn : Ax+(2A-1)y+3A+5=0 (1), A € R.
a) Na deixBei 6T n (1) mapioTdvel euBcia mou diépxeTal amd oTaBepod
onueio.
B) Na ppebei To A Wote n euBcia va améxel and 1o onueio (0, 0) Tn
HIKpOTEPN améoTaoh.
11.Eotw To Tpiywvo ABI pe AB =(4, 3) kai AT =(3, 1).
a) Na ppeBei To didvuoua Bl
P) Na ppeBei nh ywvia T
v) Edv To onpeio A kiveital oTnv euBeia 2x+y=4 va ppeOcei 0 YeWHETPIKAG
TOTOC TOU onyeiou B.

—|2 —|2 —-—
12.Aivetar 671 n euBcia ‘a‘ X + ‘D‘ y — 4ap = O oxnuarifer pe Toug dfoveg
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Tpiywvo eupados 8 1.u. Na SeixBei 611 a//p.

13.Aivetar 6T n euBeia (g) : Ax+By+l=0 pe B = 2A epdnTeTal o dUo
iooug KUKAoug pe kévtpa Ta onpeia K(4, 0) kai A(O, 2).
a) Na dc1xBci 611 2A+B+=0.
B) Na dci1xB¢ci 611 n euBcia (g) diépxeTal amé oTabepd onyeio.

14 Na ppeBsi n e€iowon Tng cuBciag mou diépxeTtal amd To anpeio K(1, 2) kai
améxel amo 1o onpeio A(2, -1) amdéoTaon ion pe 1.

15.Aivovrtai o1 TapdAAnAeg euBeicg €1 : 4x-3y=5 kai €2 : Ax+(2-A)y=30.
a) Na ppeBeito A € R.
P) Na ppeBcei n améoTaon Twv €1 Kai €.

16.Eotw o kUKAog € : x?+y?=41 kai To onpeio Tou A(5, 4). Na ppebei To
A € R Wwote 1o onueio M(A, 2-A) va améxel amd TNV €QATTOHEVN Tou
KUKAOU 0TO onpeio A amdéaTaon ion e TNV AKTiva Tou KUKAoU.

17.Aivetai n e€iowon x® + 2> +3x -y -4+ Ax+y9y-2)=0, A e R.
a) Na dc1xBci 6TI Tap1oTAvel KUKAO yid KABe A € R.
B) Na dcixBei 4TI o1 KUKAOI TNG oikoyévelag diépxovTal amd dUo oTaBepd

onueia.

Y) Na ppeBci 0 YeWHETPIKOC TOTTOC TWV KEVTPWY TWV KUKAWV.

18.Aivetar n mapapoAl € : y? = 2px kai d0o xopdic Thg OB, OF TéTOIEC
Wwote BOM=90°% Na 3eixBei 671 n euBeia Bl diépxetar amd otaBepd
onueio.

19.Aivetar n mapaPoAn y2=4x Kai €éoTw M(Xo, Yo) ondeio Tng pe OeTIkA
TeTaypévn. Edv A civai n tpoPpoAn Tou M oTnv dieuBeToloa Kai To TPiywvo
MAE 61ou E n eoTia Tng éxet eupadov 2 1.4. va ppebcei To onpeio M.

20.2 ¢ opBoywvio ouoTnua ouvTeTaypévwy Bewpolpe Ta diaviopara ‘O—A‘ Kai

‘O—B‘ TETOlId WOTE \cﬂ\ = \/E,

OB| = 2, AOy=45" a1 BOy=30". Na

e€eTaoBei edv To onpeio M ue OM = OA + OB avikel oTov d€ova Y'y.
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