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OEMA A

Al.
A2,
A3.
A4, T, GYOMOL.
TIG SUVANELS TOV 1 PHE L = 3.
41 tov optopo Tov pvOpov
261 10 oxd6Mo tov OewprnaTog
O®OEMA B
B1. o = (0, +o0)

xEA; ka f(x)e Ay} = {xeRxu > >0} =R
SG TIUEG TOV X, EYOVLE:

(gof)(x)=1nf(x)+2=lnex’2+2=(X—2)+2=X

Qorte (gof)(x)zx pe x €IR
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[Mopatnpovpe 6Tt 01 cuvaptioelg fog kot gof dev Exovv T0 1510 TEdIO
OpPIoHOY, ETOUEVAC OeV Elval 10€G.
B2. T'wkdBe x;, x,€IR €xovpe
X, £X, > X,—2#X,-2=e " ze" "’ f(Xl);t f(XZ)
Emopévagn f etvan 1 — 1 xou €xet avtiotpoen. ‘Exovue
y=f(x)oy=¢e"

< x—-2=hny, y>0
=P 2,y >0

Apaf '(x)=Inx+2, x>0

B3
,—2=0e" " =Ilnx,+2
" ? =Inx+2 &yer w¢ pila Tov ap1duod
€1 10 {nTovpevo.
B4. Eivaw Imm =0, yori

1 )
> X:—Z-O:O Kot  lim x=-o0

e’ x> e X——00

. Inx+2
= = lim ——

X—>+00 X

. Enedn lim (Inx +2) =+ ko lim x = +o0

X—>+00

EYOVUE QITPOGOLOPIGTI LOPON % Eivar lim M = lim L 0, omote OO
o0

X—>+00 (X ) X+ %

t0 avtiotoryo Bedpnua tov De L” Hospital &yovpe:
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g(x) ~ lim Inx+2 ~ lim (Inx +’2)
X—>+00 (ng)(X) X—y+0 X X400 (X)

Qote lim f) = lim g(x) =0
xo-o (gof)(x) x>+ (fog)(x)

=0

OEMAT
rr.. i Eivou 1430 #0, omoTe:
(1)
IOV GLUVEXQDV
opileton and T0
o KoL 1) jl " 2tf(t)dt
7IX2tf(t)dt ]
e glvan
{CIUOV  GUVOPTIGE®Y, 1TNG
KN e”. To ywopevo mg eni tov apdpd ——,
+3a
apaywyiciun. Eyovpe
j 24 (t)dt X
( [ 2tf(t)dt)
i, 0, apob 143> 0 xon e >0, "Eron
@ﬁ:—b{@ 1 :(Xz),
£2(x) f(x)
2
- 2
1
1 diver £(1) = :
0= 1430’
tvel fL—l+c<:>1+3oc =l+c<c=3a’
Apan (2) otver f(x) = , Vi kéBe x € R
I'2. ’'Eyxovue
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ot +30c

jo“ t f(t)dt = jo“

len 4a” —llnfioc2 :lln
2 2 2

H tyn avm elvan aveEdptnn toL 0. ; ;@

I'3. Hf, ogpnt), eivon cuveyng kon 600 Popéd Tapaywyiciun o
' 2
o= J__<x ; 2

x? +3a”

To mpdéonuo g f° pe v povo KQLLTO (pr(')wro M f wovtaol GTov

EMOEVO TIVOKQL:

(0 +30) - x[(x* +307)"]

(X +3a° )
L x? +3a% —4x* _ x? —a’
(X2 +30c2)3 (X2 +30c2)3

KuptoTnTa TG f Ko T ompeior Kopumg g

x | o o] o +o0
= % 0 - o ;

< 1 1
f S 4a’ N 4ol N,

CcK CcK

H f eivon kupt) og kaBéva and ta dwactnuata (—oo, —|af], [|af, To0) Ko koiin
oto Stdotnpa [—ol, |af]. Exet onueia kapmic to (<af, 1/407) ko (o), 1/40)
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H f, ogovveyng oto IR, dev £yl KATAKOPLOES AGVURTOTEG. LTA +00 KO —o0

EYOVLE:

lim f(x) = lim
X—>400 X—>400 X2 + 30(2
lim £(x) = lim ——— = lim

X—>—n

2

x>0 x 7 + 30,7

2

X-o ¥

Apa Exel opridvTio AGOUTTMTH GTO +o0 010 —o0 TOV G0V X.
ZOpQOVA. LLE TA TOPUTAVED GOUTANPOVIV[IE TOV ETOUEVO TV [

OV:

x | o o of [ Y e
Tt Ty
2 PPN AN

1

4o°
oK
0 ——'/

Sl o
L () .

H ypagpum napdwwivsra@vo oxfuoL
Vi

1."3(12
:";_.IHZI"
;.,.,.Hg
i/ f\x
SN
o] O |of ]

Hapatypno

I'4.

a6 1o eppfadd E, =|a|

ci

f(-x)=

1 —_—

(=x)

1

4o 4|

24307

x? +3a?

1 aptio 0o Y kdfe x € IR to —xelR ko

=f(x)

povue va TNV peretioovpe oto dtaotnua [0, +oo) kot vo
o copmepdopata oto IR

To {ntovuevo epPadd (Bréne ™ ypagikny mapactacn g f ) elvan peyarlvtepo

tov opBoywviov mov opileton amd TOVG
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dEovec ko Tic evbeleg X = @, y= Kot pKpotePo amd 1o epPadd

a’’

1 1 , , , ,
E, =la| el o] tov opBoywviov mov opileton amd tovg dEov. ol TIg

a a

1
evbelec x =0, y = . Emopévem <E<
> Y30 A T
Al®g: Me a> 0, ereon f(x) >0 eivay' B :j | f(x)|dx = . gtvon
0

OEMA A
Al.  O¢tovue
Tote
(1)
Ko
f(x)=(x+2)g(x)+2e""?, x£-2 (2)
+2e"7?] = lim [g(x)(x +2)]+ lim 26" =0+2=2
lim2 f(x)=2
H £, og mopaywyioyun oto IR, eivan cuveyng oto IR, dpa kot otox, = -2, €161
lim2 f(x)=f(-2)=>1f(-2)=2 3)

‘Eyxovpe, pe x # -2
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_ _ @),3) X+2 _ X+2 _ X+2 _
f(x)-1(-2) . (x+2)g(x)+2e 2:(x+2)g(x)+2e 1=g(x)+26 1
X+2 X+2 X+2 X+2 X+2
) ) X+2 _1 ) ) ) ) O )
To op1o llm2 5 gVl 0TPocIOPLETH HOPPT] TOTOV 6 . Hopatn 0Tl
X=>=2 X+

x+2 1\
lim u =lim(e**)=¢" =1
x—>-2 (X + 2)' x—>-2

Emopévac, epapuodleton o avtiotoryog
e 1o omoio Ppickovpe

Kavovag tov De L H HLPOVO,

X+2

lim ——
Xx—>—2 X +
Tote
f(x)-f(-2
£1(-2) = lim D= fCD
>2 X +2

A2.

A3. H T’ noiog ebivovsa oto IR, emopevag eivan 1-1, omote
2(x-5) 2(x-5)
(J.O f(t— x)dt) =1'(0) J.O f(t—x)dt=0 4)

Apxel va deifovpe, 0t N (4) €xet povaodikn piCa oto Ry x = 5.
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[Ipbypatt, yic x =5 1 (4) enrainBedeton, yrori yiveton J.Oof (t—x)dt=0
[Mo va dei&ovpe v povadukotnta g piloc Bewpove TV cuvdpty
heo=[""f(t-x)dt, xeR

O¢tovpe t—x=u, omotedt=du. [a t=0 0 u=-x xouyw -5
o u=x— 10, emopévag

heo)=[" " f(u)du =

Ereto n f  eivn ovveyng, du eivan

€ TNV @ givan

0 670 (X,,+0) pe Xoe(-2, 0). Emopévag n
Siwotnuo [0,40). Eivou |z+i|>0 ko

ne z= X+1y,x yeI

f(lz+i) < 1]+

S X+ (y+1)° 2\/X2+y2 +1
2
\/X2+(y+1)2)22(\/xz+y2 +1)
SX Yy 2y +12xP +yt +2yx  +y? +1
<:>y21/X2+y2
2
< y20 ko yZZ(\/X2+y2)

&y20 kar x° <0

< y20 ko x=0, dpa z=1iy,y € R", pavtoctiKoc.
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