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APXH 1HY YEAIAAY - " HMEPHXIQN

NMANEAAAAIKEZ EZETAZEIZ
" TAZHZ HMEPHZIOY N'ENIKOY AYKEIOY
KAI EMNAA (OMAAA B)
AEYTEPA 27 MAIOY 2013 - EEETAZOMENO MAGHMA:

MAOHMATIKA OETIKHZ KAl TEXNOAOTIKHZ KATEYOYNZHZ
2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

Al.

A2.

A3.

A4,

‘Eotw f pia ouvexng ouvaptnon oe éva diaotnua [a, B] Av G ceival

uia mapayouoa tng f ato [a, [3], TOTE VA ATTOOEIGETE OTI:

Movadeg 7
Na diatuttwoete 10 Oewpnua Méong Tiyng Tou Alagopikou Aoyiouou
(©.M.T.)

Movdadeg 4
Méte Aépe 6T pia ouvdaptnon f eivar mapaywyioiun oe éva kAelotd
oi1doTnua [G, B] TOoUu TTediou oploPoU TNG;

Movdadeg 4
Na xapakrtnpicere T1I¢ TPOTACEIC TOU akoAouBouv, ypdeovra¢ oOTo
TETPAOIO oa¢ OimAa OTO ypduua TTOoU QVTIOTOIXElI 0 KABe mpoTtaon 1n
Aéén ZwoTro, av n mporaon civar cworn, § Aa@og, av n mpdraon givai
AavBaouévn.

a) H egicwon ‘Z—ZO‘=p, p>0 TmapioTdvel Tov KUKAO MdE KEVTPO TO

onueio K(ZO) Kal akTiva p2, oTou Z, Z, yiyadikoi apibyoi.

B) Av lim f(x)<0, TOTE f(X)<O KOVTa oTo X,

X=X

y) loxuel oTI: \npx\s\x\ via kaBe X eR

. ouvx-1
8) loyxue omi: lm———=1

x—0 X

g) Mia ouvexn¢ ouvaptnon f diarnpei mpdonuo oe kaBéva amod Ta
dlaoTAMaATA oTa omoia o1 diadoxikég pileg Tng T xwpilouv 1o ™Edio
OpIOCYOU TNG.

Movadeg 10

TEAOX 1H> AIIO 4 ZEAIAEX
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APXH 2HY SEAIAAY - " HMEPHXIQN

OEMA B

OewpouUpue Toug PIyadikoUug aplBPoug Z yia TOuG OTToioug 10X UEL:

(z-2)(z-2)+|z-2=2

B1l. Na amodeiete 0TI 0 YEWMPETPIKOG TOTTOG TWV EIKOVWYV TWV HIYAdIKWY Z,
gival KUKAOG PE KEVTPO K(2,0) Kal akTiva p=1 (Movadeg 5)
2Tn oOuvéxela, yia k&Be pIyadlkdG Z TTOU AVAKEL OTOV TTAPATTAVW
YEWMETPIKO TOTTO, VA ATTODEICETE OTI ‘Z‘ <3 (novadeg 3)
Movadeg 8
B2. Av ol piyadikoi apiuoi z,, Z, Tou avKouv OTOV Napanavw YEWHETPIKO
TOMno eival pileg TG eficwong W +BW+y =0, pye W piyadikd apibuo,
B,y € R, kai
[Im(z,)-1m(z,)|=2
TOTE va anodeieTe OTI:
B=-4 «xar y=5
Movadeg 9
B3. Oewpolue ToUg piyadikoug apiBuoug d,, A, O, Ol OTTOiOI AVIKOUV OTOV
VEWMETPIKO TOTO TOU epwTpatog Bl. Av o piyadikdg apibudég v
IKavoTToIEi TN oxéon:
vVi+a v +ayv+a,=0
TOTE VO ATTOQEIGETE OTI:
v|< 4
Movadeg 8
OEMAT

Ocwpoupe 1ig ouvapthoeig f,g:R —> R, pye f mapaywyioiun této1eg
WOTE:

. (f(x)+x)(f’(x)+1)=x, yia kafe xeR

TEAOX 2H> AIIO 4 ZEAIAEX
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Nl. Na amodeiteTe OT1I:

f(x)=yx*+1-x, xeR
2. Na Bpeite ToO TARBOG TWV TTPAYUATIKWY PICWV TNG £¢iocwaong

f(a(x))=1

Movadeg 9

Movadeg 8

Ll
3. Na amodeigete 0TI UTTAPXEI TOUAAXIOTOV €va X, € (O, Zj TETOIO, WOTE:

0
-“ f(t)dt=f(xo—Ej EQ X,
ot 4

Movadeg 8

OEMA A

Eotw f :(O, + oo) — R pia mapaywyioiun cuvdptnon yia TNV otroia 16XU0uV:

e H f' eival yvnoiwg avgouoa oto (O, + =)

. f(1)=1
. LiLTg)f(1+5h)h—f(1—h) _o

@ewpolue €mmiong Tn ouvapTnOon

X
g(x)=j f(tt211dt, xe(L+o) ka a>1
a

Na atrodeigeTe OTI:

Al. f'(1)=0 (uovadeg 4), kabwg emiong 611 n f Tapouoialsr eAaxioto oTO
X, =1 (povadeg 2).

Movadeg 6

A2. n g cival yvnoiwg augouoa (Movadeg 3), KAl OTN OUVEXEIA, va AUCETE TNV

8x2+6 2x446
I g(u)du >I g(u)du (uovadeg 6)

8x2+5 2x4+5

aviowon oto R

Movadeg 9

TEAOX 3H> AIIO 4 ZEAIAEX
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A3.

APXH 4HY SEAIAAY - T" HMEPHXIQN

n g eival kupTth, KaBwg etiong 0TI N €gicwaon

(0(—1)-‘. %dt=(f(a)—l) (x—a), x>1

EXEl AKPIBWG PIa AUon.
Movadeg 10

OAHTIIEY (yia Touc eEeTalouévouc)

270 e€WQUAAO TOUu TeTpadiou va ypdyweTte 170 €EeTalOuevo pabnua. 10

EOWQPUAAO TTAVW-TTAVW VO CUPTIANPWOETE TA ATOPIKA OTOIXEia padnTn.

2TNV__0pXN TWV ATAVIACEWY 00¢ VA YPAWETE TAVW-TTAVW TNV

nuepopnvia kar 170 €geTaldpuevo paBnua. Na pnv avriypaweTte Ta
Béuata oTO TETPADIO KOl VA PNV YPAWETE TTOUuBEVA OTIC ATTAVTACEIG
oag 10 6voud o0ag.

Na ypAWeTE TO OVOUATETTWVUNO OOG OTO TTAVW HEPOG TWV QUWTOAVTIYPAPWYV
auéowg POAIG oag TTapadoBouv. Tuxdv onuelwoelg oag TTaAvw oTa Béuarta
0ev Ba BabuoAoynBouv oe kayia TTepimTwon. Kartd tnv amoxwpnon oag

vVa TTaPadWOoEeTE Yadi e 1o TETPAdIO KAl TA QWTOAVTiypaQa.

Na amaviAoeTe 010 TETPAdIO oag 0 OAa Ta BEuaTa HOVO PE UTTAE N
MOvVOo pe paupo OTUAG pe peAdvi Tou dev oPBrivel. MoAUBI emiTpéTTeTal,
Kal JOVO yIa TTiVOKEG, OIaYyPAUMATA KATT.

KaBe atrdvinon €mMIOTAPOVIKA TEKPUNPIWHUEVN €ival aTTOOEKTH.

Aidpkela eEétaong: Tpelg (3) wpeg deETA TN dlavoun  Twv
PWTOAVTIYPAQWV.

Xpovog duvatig ammoxwpnong: 10.00 ..

KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAOX 4H> AIIO 4 ZEAIAEX






