MAOHMATIKA OMAAAS NMPOZANATOAIZMOY OETIKQN ZMOYAQN KAl
MPOZANATOAIZMOY ZMOYAQN OIKONOMIAZ & MAHPO®OPIKHZ
6° AIATQNIZMA -OEMATA (Z€ 6An TNV UAR)

OEMA A

1. ‘Eotw pla cuvdptnon f oplopévn o€ £va Oldotnpa A Kat X £va ECWTEPIKO ONEIO TOU
A. Av n f mapouctdel ToKO akpOTATO OTO Xo KAl Eival Tapaywyiotpn oto onpeio auto,
va amodeifete ot: f'(x,)=0.

Movadeg 8
2. Néte pua ouvaptnon f: A —R Aéystal ouvaptnon 1-1;
Movddeg 3

3. Note pa cuvdaptnon f Aéyetal mapaywyioipn o€ €va onpeio X, Tou TEdiou opLopoU
mnge;

Movdadeg 4

4. Na xapaktnpioete Kade pia amd Tig mapakdtw mPOTAcELg HE ZwOoTO, av £ival cwoTA N
pe AdBog av ivat Aavbacpévn.

a). Av n ouvaptnon f eivat mapaywyiowun oto R pe f'(0)=0, té1e t0 0 €ival Béon
TOTMKOU aKpOTATOU.

B) Av f, g eivat dUo ocuvaptnoelg Kat opifovtat ot gof kat fog toOTE UTOXPEWTIKA LOXUEL
f ¢} g = g of .

Y) Av lim f(x) =+ 1} —o0, ToTE lim [f(X)|=+00.

X—>Xg

0) ‘Eotw pia ocuvaptnon f, n omoia givat cuvexnig os €va didotnua A. Av n f givat yvnoiwg
av€ouoa oto A, tote umoxpewtika f'(X) >0 yia KGBe socwtePIKO onpeio tou A.

B B
£) j f(x) g'(x) dx + j f'(x) g(x) dx =[f(x)-g(x)]. 6mou f, g eivar ouvexeig ouvaptrcelg

oto [a, B].
Movadeg 10
OEMA B
Aivetat ouvdptnon f, pe f(X) =e* +(x-1)°.
1. Na Bpebsi n povotovia tng f kat to cUvoAo TipwY TNG.
Movadeg 5

2. Na amodeiete, ot n ypagkn mapdotaon C,, tng f, tépvel tov aova X'x,6° éva
akpBwg onpeio.
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Movadeg 5

3. Av n ouvdptnon g sivat mapaywyioun kat woxvet g°(x) +2g(x) =5f(X) , yia kade
X e R, va amodeifete otL:

i. H g éxelto 00 €idog povotoviag pe v f .
Movdadeg 5

ii.  Hypagwni mapdotacn C,, tng g, Téuvel Tov d€ova XX oTo idlo onueio

pe v C, .
Movddeg 5
4. Na Ausi n aviowon g(f(x)) >g(e?).

Movdadeg 5

OEMAT

Aivetat ouvdptnon f yia v omoia woxvet n oxéon f7(x)+3f(X) —x =0, X &[-2,+x). Av

yla kaBe X €[-2,+00) toxvet f(x)>-1, tote:

1. Na amodeiete ot n f eival ouvexng oto [—2,+oo).

Movadeg 5
2. Na amodei€ete ot n f eival mapaywyiown oto [—2,+oo).

Movadeg 5
3. Na peAetioete tnv T wg mpog tv KUPTOTNTA Kal Ta onpeia Kapmng.

Movadeg 5

4. Na Bpeite v €iowon TNG QATTOPEVNG TNG YPAPIKNAG mapdotaong tng f oto onpeio
A(4,1(4)).

Movadeg 5
5. Na amodeiete ot yia KaBe X €[—2,+0), woxvet 5f (x) < x+1.

Movadeg 5
OEMA A
Aivetai n ouvaptnon f(x)=¢" (x2 —4x+6) Kat n Tapaywyiciun ouvaptnon

g:R—R, €10l wote va toxtouv g (1)+2xg(x)—g(x+1)—( f (x)—G)2 <0 yua KOs
g(1+2h)-g(1-h)
h

xeR kat lim =0.
h—0
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Na amodeiete Otl :

1.9'(1)=0
Movddeg 5
2. a) Na Bpeite TIg acupmtwteg TNG C, ya X —> —oo
Movddeg 3
B) Na Bpeite 10 cUvoAo TiHwy Tng f
Movddeg 3

3. Na Bpeite onpeio A g C, pe h(x):w/f (x) wote to onpeio B(L0) va améxel

TNV €Aaxiotn amootaocn amo tnv C, kat va amodeifete OTL n epantopévn tng C,
eival kabstn otnv subsia AB

Movdadeg 7
ju 9(e)
4. Av O<a< 5 Kal I f (x)dx=0, va amodeifete OTL UTAPXEL TOUAAXICTOV Eva
9(0)
% €(0,a):9' (%) =pX,-9(X,)
Movadeg 7

KAAH EMNITYXIA

JeAida 3 amd 3



