MaOnuatika & ZToixeia ZTATIOTIKNG
Fevikng Naideiag
I Aukeiou 2001

ZATnHa 1o
A.1. Na anodeifete 0TI yia dUO evdexOueva A kal B evoc delypaTikoU Xwpou Q 1oXUEl OTI:
P (A-B) = P (A) — P (AnB).
Movadeg 8,5
A.2. Na peTa@EpeTte 0TO TETPAdIO 0AC TIG NAPAKATW OXECEIG KAl VA CUMNANPWOETE KABEUIA and AUTEG
ME TO KaTaAAnAo cupBolo, (=, <, =) €10l WOTE va eival aAndng:
a.P(A') ... 1-P(A)
Movadeg 2
B. av AcB T0TE P(B) ... P(A).
Movadeg 2
B.1. Na xapakTnpiosTe TIC MPOTAOEIC Mou akoAouBouv ypd@ovTac oTo TeTPpddio oac Tnv evoei&n
ZwWoTo 1) AaBog dinAa oTo ypduua rnou avtioToixel o€ KAOe nporaon.
Ta A kai B gival evdexoueva Tou idlou delypaTtikoU xwpou Q kal A' To avTiBeTo Tou eVOEXOUEVOU
A.
a. Av A'c B 10T P(A) + P(B) < 1.
B. Av P(A) = P(A") T6Te 2P(A) = P(Q).
Movadeg 4
B.2. Na ypdweTe oTo TETPAdIO 0AG TO YPAUUa rou avTioTOIXEl OTN OwWOTH anavrnon.
Av AcB, P(A) = 1/4 ka1 P(B) = 5/12 T0TE n P (AUB) €ival ion pe:
a.1/4  B.5/12 y. 2/3 8. 1/6.
Movadeg 2,5
B.3. Na ypdweTte 0T0 TETPAdIO 04 TA ypduuara tn¢ ETAANG A kai dinAa oe KdBe ypduua Tov apibuo
Tn¢ 2TNANG B, riou avTioToiXEl OTN OWOTH anavrnon.
Ta A kal B gival evdexoueva Tou idiou delyuaTikou X®wpou Q kail 1oXUEl OTI:
P(A) = 1/3, P(B) =1/4 kai P(A~B) =1/5.
ZTAAN A 2TAAN B
a. P (A-B) 1. 1/20
B. P((B—A) ) 2. 2/15
Y- P((ANnB)) 3. 4/5
4, 1/12
5. 19/20
Movadeg 6
Andavrnon:
A.1. Eneidn Ta evdexoueva A-B kal A~B e€ival acupBiBaocTa kar (A-B) U (AnB) = A
'EXOUME:
P(A) = P(A-B) + P(AnB)
Apa:
P(A-B) = P(A) - P(AnB)
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A.2. a. P(A") =1-P(A)
B. AcB ToOTE: P(B) > P(A)

B.1. a.
ApoU
A'cB = P(A") <P(B) > 1 - P(A) <P(B) =
= P(B) + P(A) > 1

Apa:
a. Aabog
B.
Eneidn:
P(A) = P(A") =
P(A) =1-P(A) >
2P(A) =1 =
2P(A) = P(Q)
Apa:
B. ZwaTtd
B.2. Aqpou:
AcB=AB=A
onoTe:
P(ANB) = P(A) = 1/4
Enopévwg:
P(AUB) = P(A) + P(B) - P(AnB) = 1/4 + 5/12 - 1/4 = 5/12
Apa:
B. ZwaTtd
B.3.
e P(A-B) =P(A)-PANB) =1/3-1/5 = 2/15
P(B-A)) =1-P(B-A)=1-[P(B) - P(AnB)] =
=1-P(B)+P(ArB) =1-1/4 + 1/5 = 3/4 + 1/5 = 19/20
e P((AAB)) =1-P(A~B)=1-1/5=4/5
Apa:
a. < 2
B. & 5
Y. & 3
ZATNHa 20

Aiveral n ouvaprtnon f(x) = cuvx+nux.
A. Na anodei&eTe ot f(x) + f"'(x) = 0.

Movadeg 8
B. Na Bpeite TNV £€iowaon TNC EpanTouEvnG TNG YPAPIKNC napaoctaoncg Tng f oto onueio A (0,1).
Movadeg 8
. Na Bpeite Tnv TIuA A<IR yia Tnv onoia 1oxUel n oxéon:
A MY - ny) =
Aeo(M) -2¢(M) =2
2 2
Movadeg 9

Andavrnon:
A. H ouvaprtnon f sival opiougévn kal napaywyioiyn 2 gopeg oTo R JE:

f'(x)=(ouvx+nux) =-nux+0uvX.
f (X)=(-nNuX+0UvXx) =-0UVX-nNUX
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Apa:
F(X)+f (X)=0UVX+nNUX-0Uuvx-nux=0.
B. 'Eotw @ = ax + B n e&iowon TN epanTtouevng Tn¢ Cr oto anueio A (0,1).

ToTe Oa sivai:

f'(0) =a ka
1=8.
'OHwg
f' (X) = -nu X+ ouv X, oNoTe:

f"(0)=-nu0+ouv0=1

Apa n €€iowon TNG epanToPEVNG ival:

y=x+1
F. Eivar:
/4 /4 /4
= |=—nu—+ovv—=-1.
f(z] = 5
/4 /4 /4
— [Foov—+nu—=1.
f(z] 5 Tk
Enopévwg:
/4 /4
A-f1=1-2fl= =2
T)3)
SA(-)-21=2s
S -A-2-=2
Apa:
A=-4
ZATnHa 30

STov NapakdaTtw nivaka OiveTal n KATavour TwV aBpoIoTIKWV OXETIKWV OUXVOTATWV Tou Bdapoucg 80
pgadnTtwv TG I Ta&ng evog Aukeiou. Ta dedopeva £xouv opadonoinBei og 4 kKAGoeIC.

Bapoc o€ KIAG A9p0|0'r|!<r'] SXETIKN
[-) 2uyxvornTa F;
45-55 0,2
55-65 0,5
65-75
75-85
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A. Av yvwpileTe OTI N OXETIKN ouxvoTNTa TNG TPITNC KAGoNG €ival dINAACIa TN OXETIKNAC ouXvoTNTac TNG
NpWTNG KAAGONG, va BPEITE TIC TIMEC TNG ABPOIOTIKAG OXETIKAC OUXVOTNTAC MOU avTIoToIXoUV oTnVv
TpiTn Kai TETapTn KAAon.

Movadeg 8
B. Na unoAoyiosTe Tn YEON TIMN TWV NApanavw dedOPEVWY,
Movadeg 9
. EniAéyoupe Tuxaia and To deiypa Twv 80 pabntwyv £va paénrn.
a. Na Bpeite TNV MBaAvoTnNTa va £Xel BAPOG MIKPOTEPO ano 65 KIAQ.
Movadeg 4

B. Na Bpeite TNV MBaAvoTNTa 0 HABNTAC va €xel BAPoc HEYAAUTEPO 1) i00 Twv 55 KIAWV Kal HIKPOTEPO
TWV 75 KIADV.

Movadeg 4
Andavrnon:
A. Ensidn n oXeTikn ouxvotnta f3 eival dinAdolang f; = F; = 0,2
'EXOUE:
f3=2f=2:02=0,4
AKoOua:
F2 = f1 +f2¢>0,5 = 0,2 +f2¢>f2= 0,3
AndTnvoxéon f+HL+fH+f=1
'EXOUE:
02+03+04+f=1f=1-09=0,1
Apa:
f;=02, =03, f3=04 ka f,=0,1
Apa:
F;= f;+fH+f=0,9 kar F, =1
B. Eival:
V.
f="ov=vf
\Y
Eneidn 1o pEyebog Tou deiypartog eival v = 80, oI avTIOTOIXEC OUXVOTNTEG V; ME i =1, 2, 3, 4 sivar:
vy = 80:0,2 = 16
v, = 80:0,3 = 24
vz = 80:0,4 = 32
vq = 80:0,1 =8
KaTtaokeualoupe Tov napakdatw nivaka:
[-) X; Vi f, F; ViX,
45 - 55 50 16 0,2 0,2 50-16 = 800
55 -65 60 24 0,3 0,5 60:24 = 1440
65 -75 70 32 0,4 0,9 70:32 = 2240
75 - 85 80 8 0,1 1 80:8 = 640
v = 80 1
Apa:
- 1d
X ==Y VX, =—-(800+1440+ 2240+ 640) =
Via
1
-5120=64
80
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a. Av A €ival To evOexOUeVO "BApoG PIKpOTEPO anod 65 kIAG" TOTe n mBavoTnTa P(A) eivar:
16+24 40 1
80 80 2
B. Av B e€ival To evdexOUeVO "BAPOG NEYAAUTEPO N 100 TV 55 KIAWV Kal JIKPOTEPO TwV 75
KIAOV" TOTE N miBavoTtnTa P(B) eivar:

24+32 56 7

P(B) = ==
80 80 10

ZATnHa 4o

& €peuva MNou £YIVE OTOUC MABNTEC WIag NOANG, yia Tov XpOvo Mou KAvouv va nave ano To oniTl OTo
oxoAeio, dianioTwBnke OTI To 50% nepinou Twv PNadnTwv XpeldleTal NEpIGOOTEPO anod 12 AenTd, evw To
16% nepinou xpeialetal Aiyotepo ano 10 AenTa.

YNoBETOUHE OTI N KATAVOMN TOU XpOVOoU TNC d1adpoung ival KaTtd Npoosyylion Kavovikn.

A. Na Bpeite To pEoo Xpovo diadpounG Twv YabnTwv Kal TNV Tunikn andkAion Tou Xpovou diadpopng
TOUG.
Movadeg 6

B. Na €&sTdosTe, av To deiyua €ival OPOIOYEVEC.
Movadeg 6

IF. Av ol padnTéc Tng NOAnc sival 4.000, nocol padnTeg Ba kavouv Xpovo diadpoung and 14 ¢wg 16
AenTd.
Movadeg 6

A. Mia pépa, AOYw £pywv oToV KEVTPIKO OpOMOo TNG NOANG, kKaBe pabntig kabuoTépnoe 5 AenTtd. Na
BpeiTe Nogo PeTABAAAETAI O OUVTEAEDTNC HETABOANG (CV).
Movadeg 7

Andavrnon:

A. AQouU 1o 50% TwVv YabnTtwv XpelaleTal nepioocdTepo and 12 Aentd, npokUNTEl OTI:
x=12.
Eneidn 1o 16% xpeialetal Aiyotepo and 10 AenTd, npokunTel o1 ano 10 €wg 12 AenTda xpeidleTal To
(50 - 16)% = 34% = (68/2)% TwV HadbnTwv.

Apa:
x—s5, =1012-5 =105 =2
B. Eival:
cv =32 1 epinou 16,6%.
x 12 6

Eneidn 16,6% > 10%, npokUNTEl OTI TO deiyua €ival AvOUOIOYEVEC.

. 'EXoupe:
x=12
x+s =14
x+2-5_=16
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To NooooTO TwV PabnTwv Nou Kavouv Xpovo diadpounc ano 14 €wc 16 AenTta Ba sival:

(95 — 68 ]% =13,5%

Apa To {nToUuEvVOo NARBoOC givai:

40000 - 13,5
100

=40-13,5=540

A. Apou n kaBuaTeEpnon yia KaBe padntn ival 5 Aenta £xoupe oUPPWVA PE TNV epapuoyn 3 oeAida 99
Tou OXOA.BIBAiou OTI:

H véa p€on Tiun sivai:
¥ =X+5=12+5=17

H véa Tunikn anokAion sivai:

onoTE:

[
\‘

Apa n peTaBoAn sival nepinou 5%.
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