EPQTHZEIZ OEQPIAZ MAGHMATIKA I TYMNAZXZIOY

1. T1 ovopdadeTal aAyeBpIkn TTapdoToon;

Ovopdadetal KAOe EKPAon TTOU TTEPIEXEI TTPAELEIG METAEU apPIBUWY KAl HETABANTWV.

2. Ti ovopddetan apiOunTiKn TIUA aAYEBPIKAG TTApAOTAONG;

Eival o apiBudg TTou TTpoKUTITEl €AV O€ Hid aAYERPIKA TTAPAOTACN QAVTIKATAOTIOOUUE TIG
METARANTEG UE APIOPOUG Kal EKTEAECOUE TIG TTPALEIG.

3. MNoTe pia aAyeBpikn TTapAOTACN OVOUACETAI OKEPQIQ;

Otav HETALU TwV PETABANTWY TG ONUEILVOVTAI

MOVO oI TTPAEEIG TNG TTPOCBECNG KAl TOU 2x + 3%, i a + B¢ i nr3
TTOAQTTAQCIOOUOU Kal 01 EKOETEG TwV s

METABANTWY TNG €ival QUOIKOI APIOUOI .

4. T1 ovOouAETAl HOVWVUWO;

ab, V2x*%y*w?

OTTOIa PETAGU TWV PETABANTWY ONUEIWVETAI &5 x5

Eival n aképaia aAyeBpIkA TapdoTtacn, oTnv : 2
MOVO N TTPAEN Tou TTOAAQTTAQCIOCHOU. 3

5. Ti ovopddetal CUVTEAECTNG Kal TI KUPIO HEPOG TOU JOVWVUUOU;

2UVTEAEOTAG HOVWVUUOU: €ival 0 apIiBuNTIKOG TTapAyovTag Movuvupo

TOU POVWVUMOU. /2);’5}/\

KUp1o HEPOG HOVWVUHOU : €ival TO YIVOUEVO TwV ¥ N\
METABANTWY TOU YE TOUG QVTIOTOIXOUG EKBETEG TOU. ouvredeotns Kkupio pepos

6. Moia yovwvupa AéyovTtal dpolq;

Eival Ta povwvupa Tou £xouv T0 id10 KUPIO PNEPOG , TT.X. —30°B , 4a’B.

7. MNoia povwvupa Aéyovtal avTifeTa;

Eival Ta povwvupa Tou £xouv 1o id10 KUPIO JEPOG KAl aVTIBETO OUVTEAEDTH,
2 2
mX. =30 B, 3a°B.

8. lMoia povwvupa AéyovTal ioq;

Eival Ta povwvupa Tou £xouv 1o id10 KUPIO PEPOG Kal idI0 OUVTEAEOTH,.
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9. Ti ovopddetal BABPOG HOVWVUPOU WG TTPOG MIa HETABANTA ToU;
Ti ovopddetal BaBPOG HOVWVUPOU WG TTPOG OAEG TIG METARANTES TOU;

BaBuog povwvipou wg Tpog pia yetaBAnTr) Tou To povavupo 2%y elvau:

ovouadeTal 0 €KBETNG TNG METARBANTAG AQUTAG . 3° BabBuou wg mpog X
BaBudg povwvupou wg Tpog 6Aeg TIG HETARBANTEG TOU 1°v BaBpou we mpoc y
OVOMAZeTal TO ABPOIoHUA TWV EKBETWV TWV PETABANTWV

ToU. 4°v BaBuou we mpocg X Kat 'y

10. O1 ap1Byoi gival JovwVUlQ;

2UMQWVOUHE Va BewpouvTal Kal ol apiBPoi WG JOVWVUHA Kal Ta ovoudloupe oTafepda
pjovwvupa. O BaBuog Toug gival Pndév.
EidikéTepa, 0 ap1Budg 0 AéyeTal MNOEVIKO HOVWVUHO Kal Oev £xEl BaBuO.

11. MNMwg opileTal To ABpPOICUA SPOIWYV JOVWVUHWY;

To dBpoIoua OUOIWYV HOVWVUHPWYV Eival HOVWVUPO OUOIO PE QUTA Kal £XEI OUVTEAEOTN TO
ABpoIoua TwV OUVTEAEOTWYV TOUG. T1.X. 3ap + 7af = 10ap

12. Mwg opileTal TO YIVOPEVO HOVWVUNWY;

To yIvOUEVO JOVWVUNWY Eival JOVWVUUO E:
e OUVTEAEOTN TO YIVOUEVO TWV CUVTEAECTWYV TOUG Kal
e KUPIO MEPOG TO YIVOPEVO OAWV TWV PETABANTWYV TOUG PE EKBETN KABE PETABANTAG
TO ABpPOICUA TWV EKBETWV TNG.

TT.X. (3xy)- (— 4x2y) =12x"y?

13. Ti ovopadeTal TTOAUWVUO;

Eival To dBpoioua dUo ) TTEPICOOTEPWY JOVWVUNWY Ta OTToia dev gival duoia .
M.x. x%-3xy +6.

14. T1 AéyeTal 6pOG TOU TTOAUWVUNOU;

Opoc Tou TTOAUWVUHOU AéyETal KAOE éva oo Ta 10 TIOAUMVUHO 3X7y + 2xy* — 5x%y?
MOVWVUNQ TTOU TTEPIEXETAI OTO TTOAUWVUUO. gxel Tpele dpoug Tou eival Ta

Hovwvupa 3x2y, 2xy4, —5x3y3,

15. T1 ovopadetal BaBuodg evog TTOAUWVUHOU WG TTPOG Hia A TTEPICOOTEPESG METARBANTEG
TOU;

Eival o peyaAutepog atrd Toug BaBuols Twy 0pwv  To moAumvupo 3x2y + 2xy* — 5x%y? slval
TOU. 3ou BaBuou wg mpocg X,
4ou BaBuou wg mpog y,
6ou Babpou wg mpog x kat y.
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16. O1 ap1Byoi gival TTOAUWVUUQ;

2UM@WVOUHE Va BewpouvTal Kal ol apiBPoi W TTOAUWVUPA Kal T OVOUAloue oTaBegpd
TToAuwvupa. O BaBuog Toug gival Pndév.
EidikéTepa, 0 ap1Budg 0 AéyeTal MNOEVIKO TTOAUWVUHO Kal eV £xel BaBuO.

17. T1 ovopadeTal avaywyr] ouoiwv 6pwv;

Eival n avrikatdotaon Twv OPoIWV JOVWVUPWY £VOG 207 - 3p + 40° - 58 =
TTOAUWVUPOU aTTd TO ABPOICHA TOUG. 202 + 402 - 3B — 5B = 6a2 - 8B

18. T1 ovopdadeTal TAUTOTNTA,

TautdtnTa AéyeTal KABE 1I00TNTA TTOU TTEPIEXEI METABANTES KAl aANBEUE yIa OAEG TIG TIUEG
TWV METABANTWY TNG.

19. Na a1rodeixBouv ol TTapakATw TaUTOTNTEG:

a.  TeTpdywvo aBpoiouaToc: (05 +B )2 =a’ + 208 + ﬂ

B.  Terpdywvo diapopdc: (05 B )2 =a’ - 208 + ﬂ

y.  KUBog aBpoioparoc: (05 + ﬂ)3 =a’ +3a’B+3ap’ + B
5.  KUBoc Slagpopdc : (05 ﬂ)3 =a’-3a’ ﬂ +3ap* - B’
€. lMvouevo aBpoiouartog 1Ti dlagopd: (05 + ﬁ) ( ) a’ - ﬁz

(a+ﬂ)2=(a+ﬂ)-(a+ﬂ)=a2+aﬂ+ﬂa+ﬂ2=a2+2aﬂ+ﬂ2
(a=p) =(a=p)-(a-p)=a’-apf—pa+p* =a’ - 2B+

(a+p) =(a+p)(a+p) =
:(a+ﬂ)-(a2+2aﬂ+ﬂ2):
=’ +2a’B+af’+ pa’ +2ap’ + B’ =
=a’+3a’B+3ap° +

= Q

0.

(a-p) =(a-p)-la-p) =
:(a—ﬂ)-(az —2aﬂ+ﬂ2):
=’ -2a°B+af’—pa’ +2aB° - B’ =
=o' -3a’B+3ap’ -’
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e. (@+p)(a-B)=a’—ap+pa-p’=a’-p

20. Ti ovopddetal TTapayovroTroinon;

MapayovTotroinon Aéyetal n diadikagia Ye TNV OTToia YIa TTapdoTacn, TTou Eival
Abpolopa, HETATPETTETAI OE YIVOUEVO TTAPAYOVTWV.

21. Toieg gival o1 TTI0 XaPAKTNPIOTIKEG TTEPITITWOEIG TTAPAYOVTOTTOINONG MIAG AAYERPIKAG
TTapdoToong;

1. Koivég rapdyovrag
mx.  2x°—12x=2x-(x* -6)

2. OpadoTroinon ( )
3,.2 2 2
myx. X +x +x+l=x -(x+1)+(x+1):(x+1)- x +1
/U
3. Ala@opd TETpAYyWVWY : a’ - ﬁz = (06 + ﬁ) (06 - ﬁ)
myx. 25x* =36=(5x)" —6° =(5x—6)-(5x +6)

2
4.  AVATITUYHO TETPAYWVOU : a’+2af+p%=(at ﬁ)
mx. 40’ +28wx +49x” = (20) +2-20-Tx+(7x)’ =20+ 7x)°

5. Mapayovrotroinon TpIwWvVUUOU:

Av P1 , P2 givai o Aioeig Tng e€iowang ax?+Bx+y = 0 e 070,
TOTE TO TPIWVUUO GX2+ BX+Y mapayovToTroiital oUuQWva WE Tov TUTTO:

ax“+Bx+y = a(x-p1)(X-p2)

22. Ti ovopdacetal pntR aAyeRpIKA TTapAoTAON;

Pn1A aAyeBpikh TapdoTaocn ovoudadeTal pyia aAyeBpIki TTapdoTaon TTou gival KAdoua
Kl Ol 6POI TOU €ival TTOAUWVUQ.
X*+4 Xyw 2
[n.}(. x—1 " x+y x2+4/

23. MNoTe pia pnth aAyeBpIkn TTapaoTacn opideTal;

Mia pnTA aAyeBpIKA TTapaoTaon opideTal yia OAEG TIG TINEG TWV PETABANTWY TTOU
TTEPIEXEI EKTOG ATTO QUTEG TTOU PNOEVICOUV TOV TTAPOVOUAOTH.
2x—1

x—3

T.X. N KAQOMPOTIKA TTapdoTaon éxer vonua , étav x—3#0 ,0nA. x#3
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24. Ti ovoudcetal e§icwon 2o0u BadBuouU e évav dyvwoTo (deutepofaduia
egiowon);

AEyETal KABE 106TNTA TNG MOPPAG ax® + Bx +y =0 , pe o, B, Y TTPAYNATIKOUS GPIBUOUC
kal az0.

O1 apiBuoi a, B, y AéyovTal ouvteAEOTEG TNG £CioWONG KAl E1IDIKOTEPA O Y AEyETal KAl
oTa0ep6¢g 6poG.

25. olog gival o TUTT0g TNG dlakpivouoag A;

A = B% - 4ay

26. MoTe pia eCiowon deutépou BaBuou €xel 2 pideg AVIOEG KAl UE TTOIOV TUTTO
utroAoyilovrai;

Mia e¢iowon deuTtépou Babuou £xel 2 pigeg avioeg otav A > 0 .
—BEA
200

YtroloyidovTal pe Tov Tuto: X2 =

27. MNoTte pia e€iowon deutépou BaBuou £xel pia SITTAR pida Kal YE TTOIOV TUTTO
utToAoyiceTal,

Mia e¢iowon deutépou BaBuou €xel pia dITTAR pida 6Tav A =0 .

—p
Ytroloyiletal pe Tov TUTro: X :Z .

28. MNoTte pia e€iowon deutépou PaBuou dev £xel Pideg ;

Mia e¢iowon deutépou BaBuou dev éxel pifeg 6tav A< 0.

29. Na ava@épeTe Ta KPITAPIA I0OTNTAG TPIYWVWV.

10 kKpiTApIo 1IooTNTaC (M -T - 1)

A A
Av dUo Tpiywva €xouv dUO TTAEUPEG i0EC pia / \\4\ /
TTPOG Mia Kal TV TTEPIEXOMEVN Ywvia Toug ion, / \ /
£
B [ B i

TOTE €ival ioa.

20 kpitApio 1c6TnTac (F - M -T1). A A
. , . , < s / ,-'I\
Av dUO0 Tpiywva £xouv yia TTAeupd ion Kai TIg /
TIPOOKEIUEVEG OTNV TTAEUPA AUTH YWVIES i0EG pia / ff
TTPOG pia, TOTE gival ioa. s A ar ol =
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3o kpitAplo IooTnTac (M —=11-T11)

Av U0 Tpiywva €XOuV TIG TTAEUPEG TOUG i0EG pia
TTPOG Mia, TOTE €ivail ioa.

30. NdéT1e duo opBoywvia Tpiywva gival ioaq;

AUo opBoywvia Tpiywva gival ioa, dtav €XouV :
e QU0 avTioTOIXEG TTAEUPEG I0€EC Wia TTPOG Wia N
e uia avrioToixn TTAEUPA ion Kal Pia avTioToixn ogeia ywvia ion.

31. MNoia gival N XapakTnEIoTIKA 1I810TNTA TWV CNPEIWY TNG HECOKABETOU VOGS
€UBUYPAUMUOU TUANATOG;

e Kd06e onueio TG HECOKABETOU VOGS EUBUYPAUPOU TUAPATOS I0QTTEXEI ATTO TA
dkpa TOu.

e Kd06e onueio Tou 1I0QTTEXEI ATTO TA AKPA VOGS EUBUYPANKOU TURMATOG €ival onuEio
TNG MECOKOBETOU TOU EUBUYPANKOU TURHUATOG.

32. MNoia gival N XapakTnEIoTIKA 1I810TATA TV CNPEIWY TNG OIXOTOUOU WIS YWVIOG;

e Kd06e onueio TNG OIXOTOUOU UIOG YWVIOG 1I0QTTEXEI OTTO TIG TTAEUPES TNG YWVIiOG.
o Kdbe eowTEPIKO ONMEIO PIAG YWwViAG TTOU ICATTEXEI ATTO TIG TTAEUPEG Eival onEio
NG dIXOTOUOU TNG.

33. INoéT1e duo Tpiywva gival épola;

Auvo Tpiywva gival opola étav €xouv dUO YWVIEG TOUG iI0EC [ia TTPOG Wia.

34. 'Eotw éva ouoTtnua agdvwy , onueio M(x,y) ue OM = p kai xOM =

¥
My |
i )
NS
X [¥] X
¥
A. Na CUPTTANPWOETE TIG I0OTNTEG: NUW = ...... , OUVW = ....., EQW= ........ :
P= ..
B. Na atrodeiete 6T yia TRV Yywvia w 10XUOUV oI TUTTOI:
B1. nulw+ovvieo=1 kKa B2, gpow=-1HY

ovVvVw
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A o= sho=2

X

oV =

N e

B1. Eivai p= X’ +y2 , OTTOTE X2 + y2 = p2
Av SI01pEGOUE KOl TO BUO PEAN PE TO P, EXOUNE:
2 2 2

Xy _p

p’ pt P

2 2
X J
. — |+ = =1
i (Pj (Pj
2 2
A (ovve) +(nue) =1
Al GUVTOPATEPA oLV “ + i =1

= — = gQw

35. MNoleg oXE€0€IG UVOEOUV TOUG TPIYWVOUETPIKOUG aplOPoUg dUO TTApATTANPWHATIKWY
YWVIWV;

NMu(180°-w) = nuw
ouv(180°-w) = - cuvw

e@(180°-w) = - epw

36. NOpog Twv NUITOVWY — NOUOG TwV CUVNUITOVWY

NOpog TwV NUITOVWY:
A O1 TTAeUpPEG KABE TPIYWVOU gival avAAOYEG TTPOG TA
NUITOVA TWV ATTEVAVTI YWVIWYV TOU.
a _ P _ vy
nuA - nuB- nult

N6pog Twv cuvnuitévwy: @° = B2 + y° — 2BYGUVA

Eriong 1oxuouyv:
r B%=oa’+y?-2ayouvB
V2 = a? + B% — 2apouvl

MOYZIKO XXOAEIO I[IPEBEZAX 2018-19



