ANTITMAPAAEIFMATA

Mmntatoapa ApocouvAa 18/01/2018

« Ex Tov ov ovk avevu»




1° Av pia auvaptnon f(x): A--»R civail 1-1
TOTE €ival yvnoiwg JHovoTovn.

e AANnOBNc (A)  Weudnc (VY); Na dikaloAoynoeTe
TOV IOXUPIOMO oacC JE AVTITTAPAdEIYUO

Weudnc (V)

‘EoTWw n ouvapTtnon:
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Hf gival 1-1, aAAa Ogv gival
YVNOiwg povoTovn




2° Aivetal guvaprtnon f(x): A --» R n otroia €ivai
ouvexncg oto lNedio Opiguou TNE Kal €XEl avTioTpoPn.
H avtioTpo@n Tn¢ f Ba gival ouvexnc

e AANnOBNc (A)  Weudnc (VY); Na dikaloAoynoeTe
TOV IOXUPIOMO oacC JE AVTITTAPAdEIYUO

Yeudneg (W)
‘EoTW n ouvapTtnon:

f Cx.oav xe[0]]
)= x—1. avxe[lﬂl




["'pa@ikn TTapaoctaon TnG f(X)




Hf eival ouvexng yiax € [0, 1] <R
WG TTOAUWVUHMIKA opoiwg Kal yia X € (2, 3] c R, apa
n f ouvexng oto Tedio opIoHOU TNG

e [iaxe]0,1]nfeival yvnoiwg augouoa 61w Kal yia x € (2, 3].
o ‘Eotw Xy, X,

ME X, € [0,1] ka1 X, € (2,3]

‘EXOUME: X1 < X,

f(x1) = X, < X,-1 = f(x,) Apa n feival yvnoiwg augouoa oto D f (BAETTE Ka

YPAQIKN TTapdcTacn autrig) omroTe N f ival 1-1 kal apa n f €xel avtioTpopn
Av x € [0,1] Bétw g =f(X) <=>y =X, apa f 1(X) =X, ue x ¢ [0,1]
Av x € (2,3] B€Tw W =f(X) <=> Y = x-1 <=> x = P+1 alAa x ¢ (2,3] oTroTE
2<y+1<3 <=>1<y <£2,dpafx)=x+1, ye x ¢ (1,2]
Emedn limfi(x) =1+ 2=Ilimf{(x) nf-1 dev civa

X -->1 X-->1*

ouvexnG oto 1 dnNAadn dev gival auveXNG aTo TTEDIO OPITHOU TNG



H avriotpo@n TnG f €ivai:
-

-

- x, av xe[0.1]
¥l= < >
L) x+1 r:fL«*:r:E[lj]




pa@iki TTapdaoTaon TG




pa@ikég TTapaoTdoelg f kai f1




3° Aivetan ouvaptnon f(x): A--» R n otroia givai
2UVEXNC O€ €va anpeEio xo, Tote n f Ba gival kai
[Mapaywyiciyn oTo onUEio auTto

e AANOGnNc (A) n Weuodng (VY); Na
OIKAIOAOYNOETE TOV IOXUPIOUO OAG JE
AvVTITTOPAdEIYUO

WYeudng (V)
‘EoTW n ouvapTtnon -Xyiax<o0
h(x)= |X] h(x) = {
Xxyla x=0




H h(Xx) eival ouveEXNG ouvapTNON OTO XO
TTou avnkel oto MNedio Opioyou TNG

[la x0=0 lim(-x) =0, Iimx=0 Apalim h(x) =0
x>0~ X2>0" X=2>0
Kath(0)=0=Imh(x) =0
X0
Apa n h gival cuvexnc oto O



H h(x) oev gival MNapaywyiociyn oTo X0
S

h(x)-h(0) -X—0 ['la X # x0=0
e [Im = |lim =-1
X20"x-0 x=20 Xx
h(x)-h(0) X-0
e [Im = |lim
X20*x-0 x=20* x
Mapaywyioipyn oto O

= 1 Apa n h d¢gv eival



["'pa@ikn TTapaoctaon h(x) = |X]|
-

hir) = |z




40EoTtw pia cuvaptnon f opiopévn o€ Eva diaoTnua A . Av

nf gival cuvexNg oto AKai f'(X) =0 yla KABE e C W T E P 1 K O ONUEio X
TOoU A, 16T€ N f €ival otaBepr) o€ 6Ao To diacTnua A. loxuel Kal o€
Evwon d1a00TnUATWY TO id10

e AANONC (A) n Weudnc (VY); Na dikaloAoynoeTte Tov
IOXUPIONO Ooac Je AVTITTOpAdEIyua

Yeudng (W)
‘EoTW n ouvapTtnon:
-1 yiax <0
f(x) ={
1 yiax>0

[Naparnpoupe oTl, av Kal f “(x) = 0 yia KaBe x e(-~,0)U(0,+=),
gvrouTolg n Ogv gival o1aBepn aT1o (-0,0)U(0,+)



r'pa@ikn TTapaocTaon TnG f(X)
-




50 Aiveral guvaptnon f(x): A --» R n otroia givai
['vnoiwc¢ Aucouaa oTo [1edio opIguou TNC TOTE N
f'(x)>0

e AANOnNc (A) n Weudnc (WY); Na dikaioAoyrjoete
TOV IOXUPIOMO oacC JE AVTITTAPAdEIYUO

Yeudneg (W)
‘EoTW n ouvapTtnon:

f(x)=x3 -Df=R H feival yvnoiwc autouoa

f'(x) =3x%2 20



f'pa@ikn TNG f Kol TNG




6° Aivetal guvaptnon f(x): A --» R n oTroia aTpéPEl Ta
KOiAa avw OnA gival kuptn oTo [1edio opIiouoU TNE TOTE N
f"(x)>0

e AANBNC (A) n Weudnc (VY); Na dikalioAoyroeTe
TOV IOXUPIOMO oa¢ Je AVTITTAPAdEIYUO

Weudnc (V)
‘EOTW n ouvapTtnon:
f(x)=x% DfF=R H feival kupTh
f'(x) = 4x3
f"(x) =12x*= 0




"'pa@ikn TTapacTaocn TNG f Kal TG ™

-0.54




7° 'Eva TOTTIKO MEYIOTO MTTOPEI VA Eival
MIKPOTEPO ATTO £V TOTTIKO EAAXIOTO

e AANONC (A) N Weudnc (W), Na
OIKAIOAOYNOETE TOV IOXUPIOUO OAC UE
AvVTITTapAdEIyuO

AANnONRg (A)




21NV ypa@ikn trapacTtacn tnG f(x) pe IN.O To R n 1iyn
f(x,) < f(x,) OnA. 10 TOTIKO pEyioTO f(X,) €ival
MIKPOTEPO ATTO TO TOTTIKO EAAXIOTO f(X,)




8° To MIKPOTEPO ATTO TA TOTTIKA EAAXIOTA MIOG
ouvapTnong Ogv €ival TTAVTOTE EAAXICTO AUTAG

e AANnOBNc (A)  Weudnc (VY); Na dikaloAoynoeTe
TOV IOXUPIOMO oacC JE AVTITTAPAdEIYUO

AANBNc (A)




2TnVv ypagikn rapactacn NG f(x) pe IN.0O 10 R BAETTOUUE OTI EXOUUE
TOTTIKA eAayxioTa f(x,) , f(x,) kai
f(Xg) < f(xy) aAAa 10 f(X,) Oev gival n eAaxioTn TP TNG f

o — —




9° Av upia ocuvaptnon f eival KoiAn o€ éva diaocTnua A ,TOTE N
EQATTTOMEVN TNG YPAPIKNG TTapacTaong TnG f og KaABe onueio Tou A
BpiokeTal KATW ATTO TN YPAPIKA TTOPACTACN, ME EEAIPEOT) TO ONMEIO
ETTAPNG TOUG

e AANONC (A) N Weudnc (W), Na
OIKAIOAOYNOETE TOV IOXUPIOUO OAC UE
AvVTITTapAdEIyuO

Weudnc (V)




‘Eotw n ouvaptnon f(x)=-x* Df=R f(x) =-2x,f " " (X)=-2<0
apa n f KoiAn. H epatrropévn Tng C f oto onueio A (2,-4)
BpiokeTal TTAVW aT1rd TN YPAPIKA TTapdcTaon TnG f




10° H ouvdpTtnon f(x)=ax3+Rx>+yx+d ye a, B,y,0 e Rkara# 0
EXEI TTAVTA £VA ONMEIO KAMTTAG

e AANnOBNc (A)  Weudnc (VY); Na dikaloAoynoeTe
TOV IOXUPIOMO oacC JE AVTITTAPAdEIYUO

AANBNc (A)




f(X)=ax3+Bx2+yx+d ye a, B, y, © ¢ R kar a # 0 D f=R n MNapaywyioiun ue

f( xX) =3ax? + Bx +y kal f'(xX) =6ax + B OTTOTE TTAVTA BA UTTAPXEI ECWTEPIKO
onueio 6trou 7 (X) = 0 apou a # 0 kai n f*" 6a aAAalel TTpéonuo dnA n f Ba
EXEl ANy KUPTOTNTAG KAl ETTOPEVWG ONUEIO KAPTIAG




